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Surface lattice resonances (SLRs) emerging in regular arrays of plasmonic nanoparticles (NPs) are known to be
exceptionally sensitive to the homogeneity of the environment. It is considered necessary to have a homogeneous
environment for engineering narrowband SLRs, while in a half-space environment, SLRs rapidly vanish as the
contrast between the refractive indices of the substrate and superstrate increases. From this conventional wisdom,
it is apparent that the delicate lattice Kerker effect emerging from SLRs and resonances on constituent NPs should
be difficult to achieve in a non-homogeneous environment. Using a rigorous theoretical treatment with multipolar decomposition, we surprisingly find and explain a narrowband substrate-mediated lattice Kerker effect in
two-dimensional arrays of Al nanocylinders in a half-space geometry. We propose to use this effect for sensing
applications and demonstrate its broad tunability across the UV/Vis wavelength range. © 2021 Optical Society of
America
https://doi.org/10.1364/JOSAB.427939

1. INTRODUCTION
In recent years, two-dimensional periodic arrays of plasmonic
and dielectric nanoparticles (NPs) have attracted great interest
due to their unique properties. These structures exhibit so-called
surface lattice resonances (SLRs) [1–12] arising from the interaction of the localized resonance of a single particle (localized
surface plasmon resonances in plasmonic and Mie resonances
in all-dielectric NPs) and the Wood–Rayleigh lattice anomalies
[13,14]. SLRs manifest themselves as narrow spectral lines with
an exceptionally high Q-factor [5,6,15–17]. A fairly simple
technology for manufacturing such two-dimensional structures, as well as an understanding of the control mechanisms
of their optical properties, made it possible to use SLRs in narrowband light absorption [18], sensorics [19], lasers [20–23],
upconversion [24,25], and fluorescence [26–29] enhancement.
The interaction between SLRs with electric and magnetic
resonances of different orders allows to observe the lattice Kerker
effect, comprehensively studied in dielectric structures exhibiting strong electric dipole (ED) and magnetic dipole (MD) and
quadrupole resonances: in single particles [30,31] and in arrays
[32–35]. This effect is poorly studied in plasmonic structures
due to their weak magnetic response, with rare exceptions of
Au [36] and Al [37] NP arrays. Recently, aluminum has been
increasingly used instead of conventional plasmonic materials
0740-3224/21/090C78-06 Journal © 2021 Optical Society of America

such as silver and gold [38,39], particularly for SLRs in twodimensional NP arrays [28,40–44]. However, all these works
are limited to either ED or ED and electric quadrupole (EQ)
interactions. Recently, we have shown that Al NPs support
relatively strong MD and magnetic quadrupole (MQ) resonances compared to conventional plasmonic materials [45].
This feature is of critical importance for harnessing the lattice
Kerker effect in arrays of plasmonic Al NPs [37], originating
from the interaction between SLRs and resonances localized on
single NPs.
SLRs are extremely sensitive to any perturbations in the
homogeneity of the surrounding medium, for instance, high-Q
SLRs are quite difficult [46,47] (yet possible under very certain circumstances [48–50]) to demonstrate in a half-space
environment. This feature apparently makes it difficult to
observe the lattice Kerker effect in arrays of NPs embedded in
a non-homogeneous medium. Surprisingly, we show below
that the half-space medium provides favorable conditions for a
delicate interaction between the substrate and NPs enabling a
narrowband substrate-mediated lattice Kerker effect [51]. Using
rigorous numerical simulations along with multipole decomposition, we explicitly demonstrate the critical role of the substrate
in mediating the lattice Kerker effect. Furthermore, we suggest
to use a low-cost Al-based NP array as an optical sensor in the
UV/Vis range with 263 nm/RIU sensitivity.

Research Article

Vol. 38, No. 9 / September 2021 / Journal of the Optical Society of America B

2. METHODS
A. Simulation Setup

A sketch of the considered structure is shown in Fig. 1(a) for
a homogeneous environment and in Fig. 3(a) for a half-space
geometry. A regular 2D array of Al cylinders with radius R and
height H is located on the Si substrate. The periods of the array
are p x and p y along x and y axes, respectively. The tabulated
values of dielectric constants of aluminum [52] are used.
The total field E and the reflectance spectra of the described
structures are calculated with the commercial finite-difference
time-domain (FDTD) package [53]. Nanostructures are illuminated from the top by the plane wave with normal incidence
along z axis and polarization along x axis. Reflection is calculated at the top of the simulation box. Perfectly matched layer
boundary conditions are used on top and bottom sides, while
the periodic boundary conditions are applied at the lateral
boundaries of the simulation box. An adaptive mesh is used to
reproduce accurately the nanodisk shape.

C79

k = ω/c is the wave vector, d and m are ED and MD, respectively, and As is the vector potential of the field mediated by the
substrate. Cartesian components of EQ and MQ are D = D̂n,
M = M̂n.
ED and MD and quadrupole moments induced on NP are
defined as [54,55]
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B. Multipole Decomposition

The electric far field scattered by any arbitrary object and found
by any available numerical method (in our case, the FDTD
method as described above) can be decomposed into dipole
and quadrupole contributions [Chap. 9 54]. In our particular
case, from the general considerations, we also explicitly add a
contribution of a substrate:
Es c = −

ω2
([[d × n] × n] − [m × n]
c 2r 0

iω
−
([[D × n] × n] − [M × n]))e ikr 0
6c
+

ik 2 c
[n × [As × n]].
ω

(1)

Here r 0 is the distance to the observation point, n is the unit
vector pointing to the observation point, ω is the frequency,

(2)
while a vector potential of the field created by the substrate is
ZZZ
e ikr 0
As =
Je −ik(n·r) d3 r.
(3)
c r0
Vs
Here ε is the permittivity of NPs, P = (ε − 1)/4π E is a
polarization density, J = −iωP is the current density, jn are
spherical Bessel functions of the first kind, Î is a unit tensor,
r = |r|, and V p and Vs distinguish integration over NPs and a
substrate, respectively. The integration in Eq. (3) is performed
numerically over a sufficiently thick (yet finite) part of a substrate just below an array of NPs. The numerical integration is
terminated once As remains almost a constant as a function of
increasing Vs with a predefined accuracy, sufficient for reported
results to be reliable.
3. RESULTS AND DISCUSSION
A. Arrays in Homogeneous Environment

Fig. 1. (a) Sketch of 2D array of Al NPs in a homogeneous environment. Reflectance spectra of arrays with (b) fixed p y = 240 nm and
different p x and (c) p y = 240 nm and p x = 276.4 nm, corresponding
to the horizontal dashed line in (b). (d) Electric field distribution in x z
plane at λ K = 411 nm, corresponding to the Kerker effect [highlighted
circle in (b) and red circle in (c)].

Before going into detail, it is instructive to discuss briefly
the optical response of 2D Al NPs array embedded in a
homogeneous medium with εh = 2.25 (optical glass). We
consider cylinders with a fixed radius, R = 60 nm, and
height, H = 120 nm, and calculate the reflection spectra of
the two-dimensional structure. The simulation results are
shown in Fig. 1(b). Narrowband suppression of the reflection
can be observed by varying one of the periods while keeping the other one constant. In particular, the variation of
p x keeping p y = const yields control of the [1; 0] Rayleigh
√
anomaly (RA) λRA = εh p x , while varying the lattice period
in the orthogonal direction leads to adjusting the [0; 1] RA
√
[56,57], λRA = εh p y . Similar to the case of spherical
NPs [37], a complete suppression of reflection is observed at

C80

Vol. 38, No. 9 / September 2021 / Journal of the Optical Society of America B

Fig. 2. Multipole decomposition of extinction efficiency, Q ext , for
arrays in Fig. 1(b): (a) ED, (b) MD, (c) EQ, and (d) MQ. See Eq. (4) for
details. White dashed lines correspond to a spectral position of [1; 0]
√
RA, λRA = εh p x , and highlighted circles are the same as in Fig. 1(b).

λ K = 411 nm for arrays of cylindrical NPs with p x = 276.4 nm
and p y = 240 nm [Fig. 1(c)]. Importantly, unlike the case of
spherical NPs, an additional suppression band emerges in the
range from 465 nm to 490 nm [Fig. 1(b)]. The amplitude of
the electric field in the x z plane for the unit cell of the array at
λ K = 411 nm wavelength, which corresponds to zero reflection, is shown in Fig. 1(d). It can be seen that the electric field is
enhanced near NPs, while the amplitude of the far field vanishes
along the z axis.
The suppression of reflection at the Kerker effect wavelength,
λ K , can be explained with multipole decomposition (Fig. 2).
The respective extinction cross sections are defined as
4πk
=(E∗0 · d),
σext;ED = √
εh |E0 |2
4πk
=(H∗0 · m),
σext;MD = √
εh |H0 |2


πk
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= (∇ ⊗ E∗0 + E∗0 ⊗ ∇) : D̂ ,
2
3 εh |E0 |


2π k
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= (∇ ⊗ H∗0 + H∗0 ⊗ ∇) : M̂ .
2
εh |H0 |

(4)

Here E0 and H0 are components of the incident electromagnetic field, and εh is the permittivity of the medium that
the incident light is impinging from. The respective extinction efficiency Q ext is defined as the extinction cross section
σext normalized to the geometric cross section π R 2 of a single
nanocylinder with radius R. As in the case of spherical NPs [37],
the ED, MD, and EQ modes play the key role in the emergence
of the lattice Kerker effect, while the contribution of the MQ
mode is an order of magnitude smaller [Fig. 2(d)].
B. Arrays on Si Substrate

Consider similar 2D lattices of Al nanocylinders, but on a silicon substrate [Fig. 3(a)], with a superstrate having the same
εh = 2.25 as in the previous subsection. Such structures are
quite easy to manufacture, but the presence of the interface near
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Fig. 3. (a) Sketch of 2D array of Al NPs on a substrate. Reflectance
spectra of the structure with (b) fixed p y = 240 nm and different
p x and (c) p y = 240 nm and p x = 265.6 nm, corresponding to the
horizontal dashed line in (b). (d) Electric field distribution in x z plane
at λ K = 400 nm, corresponding to the Kerker effect [highlighted circle
in (b) and red circle in (c)].

nanocylinders can lead to partial or complete suppression of
SLRs [46,47], and as a consequence, a vanishing of the Kerker
effect due to the phase mismatch between the wave scattered
from the NPs and the substrate. To investigate the influence of
the substrate on the Kerker effect, we calculated the reflection
spectra similar to Fig. 1(b), but for arrays on the Si substrate
[Fig. 3(b)]. It can be seen that the half-space environment
significantly changes the optical response of arrays of NPs.
In contrast to the structures in a homogeneous environment
(Fig. 1), the presence of a substrate provides a higher reflection
coefficient at λ > 420 nm. In other words, in this wavelength
range, such a structure acts almost like a mirror. Nonetheless,
the Kerker effect is preserved, which is seen from the suppression
of the reflection at λ K = 400 nm for p x = 265.6 nm [Fig. 3(c)].
The respective field distribution at the Kerker effect wavelength
is shown in Fig. 3(d). The field profile in this case is similar to
the field distribution in arrays embedded in a homogeneous
medium [Fig. 1(d)], with the only difference that the field does
not penetrate into the substrate in Fig. 3(d).
To understand nontrivial interaction of the electromagnetic
fields in the NP array with the substrate, we plot multipole
decomposition (ED, MD, EQ, MQ) of the amplitudes and
phases of the reflected field in Figs. 4(a) and 4(b). Unlike the
total suppression of backscattering due to the destructive
interference of ED and MD + EQ resonances in NP arrays
immersed in a homogeneous environment [37], the amplitudes
of MD and EQ resonances are too low compared with ED
[Fig. 4(a)]. Moreover, the phase difference [Fig. 4(b)] between
multipoles cannot lead to full suppression of the reflection. The
critical role of the substrate in emergence of the Kerker effect is
clearly seen in Figs. 4(b) and 4(c). Indeed, the π -phase difference [Fig. 4(b)] between the field mediated by NPs and the field
reflected by the substrate only along with equal values of their
amplitudes [Fig. 4(c)] at λ K ≈ 400 nm leads to full suppression
of the backscattered light. We emphasize that it is a delicate
electromagnetic interaction among (i) localized resonances in
single NPs, (ii) collective coupling between NPs (i.e., SLRs), and
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Fig. 5.
(a) Reflectance spectra of the structure with fixed
p y = 240 nm and p x = 265.6 nm for different values of the analyte refractive index: n a = 1.33, 1.35, 1.37, 1.4, 1.45, and 1.5.
(b) Dependence of the Kerker effect wavelength, λ K , on the refractive
index of the analyte, n a .

4. CONCLUSION

Fig. 4. Detailed analysis of the field scattered from arrays considered in Fig. 3(c): (a) multipole decomposition of the electric field, |E|,
induced on NPs; (b) phase difference between multipole contributions
(ED, MD, EQ, MQ) in field scattered by NPs and field scattered by a
substrate (sub); (c) contributions to the total (tot) electric field from
nanoparticles (NP) and substrate (sub).

To conclude, we have demonstrated the emergence of the
substrate-mediated lattice Kerker effect in Al cylindrical NP
arrays located on a dielectric substrate. The full suppression
of reflection is explained by the destructive interference of
electromagnetic waves scattered by NPs and the substrate. It
is worth noting that a substrate usually suppresses SLRs, but
we show that, on the contrary, the occurrence of a narrowband
Kerker effect is possible due to the presence of the substrate.
Importantly, in conventional plasmonic (Au, Ag) NPs, the
Kerker effect is possible only in the visible and near-infrared
spectral ranges [36], while Al NPs have pronounced spectral
response in UV range, which allows to use them in a wide variety
of applications. For instance, we have shown that the Kerker
effect could be used for refractive index sensing applications
with ≈ 263nm/RIU sensitivity in the UV spectral range.
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and Krasnoyarsk Regional Fund of Science (20-42-240003); Ministry of
Science and Higher Education of the Russian Federation (FSRZ-2020-0008).
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(iii) field reflected from a substrate, which allows the emergence
of the substrate-mediated lattice Kerker effect.

Data Availability. Data underlying the results presented in this paper are
not publicly available at this time but may be obtained from the authors upon
reasonable request.

C. Sensing Applications

The very presence of a half-space geometry and the existence
of a narrowband dip in the reflectance spectra suggest to use
considered arrays for sensing purposes [58–61]. Essentially, the
sensing mechanism represents a spectral shift of the dip caused
by the variation in the refractive index, n a , of the superstrate
(analyte). In our case, the sensitivity is determined as
S=

dλ K
,
dn a

(5)

where λ K is a wavelength of the respective Kerker effect.
It can be seen in Fig. 5 that the change of the refractive
index, n a , of the analyte results in significant variation in
the reflectance spectra. For instance, λ K = 354 nm for
n a = 1.33, and λ K = 372.4 nm for n a = 1.4, which results
in S = 263nm/RIU sensitivity. The Kerker effect emerging
in the near UV and blue spectral ranges is promising for application in the spectroscopy of biomaterials with characteristic
absorption bands in the respective part of the spectrum [62].
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